We show that a rectifiable plane arc g has two parallel support lines and a triple of consecutive points g(r), g(s), g(t), r < s < t, so that g(s) lies on one line, while g(r) and g(t) lie on the other. If the arc is simple, such a pair of lines is unique. 1
Introduction. In the articles [1, 3] we had to use the result in [2] : If a convex set covers any simple polygonal unit arc, it covers any unit arc. In [1, 3] the requirement on an arc to be simple and polygonal was used only in Theorem 5.1 of [1] establishing that any simple polygonal arc assumes a so-called Λ-configuration (Figure 1 Given a parametrization g(s), s ∈ [0, 1], for points p = g(s 1 ), q = g(s 2 ) with s 1 < s 2 , we say that p precedes q and write it as p ≺ q. Points p 1 , p 2 , p 3 form a triple of consecutive points if either
We are seeking a pair of parallel support lines with and a triple of consecutive points p 1 , p 2 , p 3 such that p 1 , p 3 lie on one line and p 2 lies on the other. 
R
2 be an open rectifiable plane arc in the horizontal (x, y)-plane, whose thickness h is positive. We denote by l(θ) a counter-clockwise oriented support line for g in the direction of polar angle θ and assume that g lies above l(0).
with Proof. To keep our proof transparent, we assume that v(θ) has only finitely many touch points and we will use a particular configuration of Figure 2 .
Let points P, Q ∈ I 4 D be so that (2) I 4 (θ) ≺ P ≺ Q ≺ C(θ + π) and length( I 4 P ) = length( QD) = 1 3 h.
Denote by R v (θ) ⊂ W (θ) a half-plane of points to the right of v(θ). Let
Then σ > 0 and dist( PZ, v(θ)) and dist( AQ, v(θ + π)) are ≥ σ. We take any
.
The obstacles to the counter-clockwise rotation of the walls by ε could be only subarcs QZ and AP . Therefore, C(θ + ε) ∈ AP while D(θ + ε) ∈ QZ and hence by (2), C(θ + ε) ≺ D(θ + ε). Proof. We may assume that A ≺ C(0), C(π) ≺ Z. (Figure 2 ). If a triple of the theorem exists in the strip between l(0) and l(π) then C(π) ≺ C(0) (Figure 1 ). Otherwise,
By Lemma 1 this property is locally stable and so if Θ is the set given by this lemma and
However, limits of most right touch points in Θ preserve this property of Θ :
because they are separated in distance by h. Indeed, 
An assumption that there were no θ T ≤ π leads to a contradiction.
Suppose that θ T > π, that is C(π) ≺ C(π + π). On the other hand, after a rotation by π, we arrive to the initial position of g between the same parallel support lines. In this configuration, the highest most right touch point on the wall W (π) is a successor to such point on the wall W (π + π) = W (0) and (3) Proof. In Figure 4 , the point C divides the curve into two curves L1 and L2
where each point on L1 is parametrically precedes each point on L2. Consider a different pair of two parallel support lines. All touch points on one, say, the left line belong to L1, therefore none of them can be parametrically between two touch points on the right line belonging to L2.
